
Òðèãîíîìåòðè÷íi ïiäñòàíîâêè

1. Ðîçâ'ÿçàòè ðiâíÿííÿ â R:
√
1− x2 = 4x3 − 3x.

2. � ÷îòèðè ÷èñëà ç iíòåðâàëó (0, 1). Äîâåäiòü, ùî ñåðåä íèõ çíàéäóòüñÿ äâà ÷èñëà,
ñêàæiìî x i y, òàêèõ, ùî

0 < x
√
1− y2 − y

√
1− x2 <

1

2
.

3. Ðîçâ'ÿçàòè ðiâíÿííÿ â R: x2 + (4x3 − 3x)2 = 1.

4. (Óñíî!) Îá÷èñëèòè iíòåãðàë:∫ √
2+

√
2+ · · ·+

√
2+ xdx,

ÿêùî â ïiäiíòåãðàëüíîìó âèðàçi n êîðåíiâ.

5. Äëÿ ÷èñåë a, b, c ∈ [0, 1] äîâåñòè íåðiâíiñòü

√
abc+

√
(1− a)(1− b)(1− c) 6 1.

6. Ðîçâ'ÿçàòè ñèñòåìó â R 
2x+ x2y = y

2y+ y2z = z

2z+ z2x = x.

7. Äëÿ x, y ∈ R äîâåñòè íåðiâíiñòü

−
1

2
6

(x+ y)(1− xy)

(1+ x2)(1+ y2)
6

1

2
.

8. Äëÿ äîäàòíèõ ÷èñåë x, y, z òàêèõ, ùî x+ y+ z = xyz, äîâåñòè íåðiâíiñòü

x√
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+
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1+ z2

6
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.

9. Ðîçâ'ÿçàòè ðiâíÿííÿ â R √
1+ 2x

√
1− x2

2
+ 2x2 = 1.

10. Çíàéòè íàéáiëüøå i íàéìåíøå çíà÷åííÿ âèðàçó
3xy− 4x2

x2 + y2
.

11. Äîäàòíi ÷èñëà a, b, c òàêi, ùî abc = a+ b+ c. Äîâåñòè òîòîæíiñòü

1

1+ a2
+

1

1+ b2
+

1

1+ c2
+

2√
(1+ a2)(1+ b2)(1+ c2)

= 1


